Abstract: This paper presents a detailed small-signal analysis and an improved dc power sharing scheme for a six terminal dc grid. The multi-terminal DC (MTDC) system is composed of (1) two voltage-source converters (VSCs) entities operating as rectification stations; (2) two VSCs operating as inverting stations; (3) two dc/dc conversion stations; and (4) an interconnected dc networking infrastructure. The small-signal state-space sub-models of the individual entities are developed and integrated to formulate the state-space model of the entire system. Using the modal analysis, it is shown that the most critical modes are associated with the power sharing droop coefficients of the rectification stations, which are constrained by the steady-state operational requirements. Therefore, a second degree-of-freedom compensation scheme is proposed to improve the dynamic response of the MTDC system without influencing the steady-state operation. Time domain simulation results are presented to validate the analysis and show the effectiveness of the proposed techniques.
Introduction
Following the progressive improvements in the semiconductors industry, high-voltagehigh-power power electronic converters are recently emerging the market. The newly developed ABB HiPak™ insulated-gate-bipolar-transistor (IGBT) is introduced with high power density (4.5 kV, 1.2 kA) and a relatively high switching frequency of 2 kHz [1] . Motivated by these improvements, voltage-source converters (VSC)-based HVDC systems are widely adopted [2] . VSCs have recently reached a dc voltage level of 350 kV whereas the largest installed dc transmission system is rated at 400 MW [3] . Futuristic visions of multi-terminal dc (MTDC) grids are investigated to evaluate their cost-benefit feasibility. As compared to point-to-point HVDC systems, MTDC grids are technically well-suited to interface scattered-long-distant bulk delivery of offshore wind energy [3, 4] .
In the future power systems, dc grids (among them, the MTDC) are expected to penetrate the ac power system to interconnect multiple ac networks, express infeed systems to city centers or supply remote areas [5] [6] [7] . As shown in Figure 1 , the MTDC system understudy is an adapted version from [6] and is formed to interface six power electronic-based entities [6, 7] . The MTDC infrastructure can be considered as a dc pool that supplies/receives dc powers to/from the terminal entities. The rectification stations consist of voltage-source rectifiers (VSRs), denoted as VSC1 and VSC2 in Figure 1 , which operate as supplying units to inject the dc powers (P dc1 and P dc2 ) to the dc pool. The ac sides of VSC1 and VSC2 can be wind or photovoltaic farms, or a remotely-connected ac utility-grid. On the same figure, there are four loading entities: Two are interfaced by voltage-source inverters (VSIs), denoted as VSC3 and VSC4, to supply the dc power (P dc3 and P dc4 ) to the remotely-connected ac grids whereas two dc/dc buck converters draw P dc5 and P dc5 in order to share a common resistive load (R load ). The base value of the dc power and the dc voltage for the MTDC system in Figure 1 are 500 MW and 250 kV, respectively. A modified droop control loop has been proposed in [13, 14] to provide a frequency support to the interconnected ac grids via the MTDC network. The modified droop scheme is effective in reducing the frequency deviations following disturbances on the ac side. An adaptive droop control scheme is provided in [15] to ensure a proper distribution of the power burden among the droopequipped converters. In [16] , a small-signal stability study of the MTDC network is conducted considering the dynamics of the interconnected ac machines. However, the influence of the droopbased power sharing is not addressed. Multiple simulation results are shown in [17] to reflect the effectiveness of the MTDC networks as an attractive transmission system.
Motivated by the potential benefits of the high-voltage dc networks, this paper presents an extensive modal analysis based on a complete state-space model for the MTDC system shown in Figure 1 . The influence of the droop-based dc power sharing control on the MTDC system stability is investigated. It is shown that the high dc-voltage droop coefficients have a positive influence on the system stability but is accompanied with a remarkable steady-state degradation in the dc-voltage regulation. On the contrary, the small droop coefficients reflect a better dc-voltage regulation at the expense of the system stability. A coupling between the dynamic performance and the steady-state operation is therefore yielded (a trade-off). In this paper, a second degree-of-freedom is proposed and implemented in the control structure of the VSCs in order to separate the coupling between the dynamic and the steady-state performance.
The contributions of this paper are as following: A modified droop control loop has been proposed in [13, 14] to provide a frequency support to the interconnected ac grids via the MTDC network. The modified droop scheme is effective in reducing the frequency deviations following disturbances on the ac side. An adaptive droop control scheme is provided in [15] to ensure a proper distribution of the power burden among the droop-equipped converters. In [16] , a small-signal stability study of the MTDC network is conducted considering the dynamics of the interconnected ac machines. However, the influence of the droop-based power sharing is not addressed. Multiple simulation results are shown in [17] to reflect the effectiveness of the MTDC networks as an attractive transmission system.
Motivated by the potential benefits of the high-voltage dc networks, this paper presents an extensive modal analysis based on a complete state-space model for the MTDC system shown in Figure 1 . The influence of the droop-based dc power sharing control on the MTDC system stability is investigated. It is shown that the high dc-voltage droop coefficients have a positive influence on the system stability but is accompanied with a remarkable steady-state degradation in the dc-voltage regulation. On the contrary, the small droop coefficients reflect a better dc-voltage regulation at the expense of the system stability. A coupling between the dynamic performance and the steady-state operation is therefore yielded (a trade-off). In this paper, a second degree-of-freedom is proposed and implemented in the control structure of the VSCs in order to separate the coupling between the dynamic and the steady-state performance. The contributions of this paper are as following:
-
The development of the detailed and accurate small-signal modeling of the MTDC system in Figure 1 . -Conducting the stability and sensitivity analysis to investigate the influence of the parameters variations on the system stability. -Implementing the proposed dynamic droop loops to enhance the system stability without affecting the steady-state performance. -Conducting time-domain simulations using Matlab/Simulink for the entire MTDC system.
Large-Signal Model of the MTDC System
The MTDC system under study is shown in Figure 1 . The following subsections detail the large-signal modeling of the MTDC entities.
Rectification Stations 1-2
As shown in Figure 1 , the power circuit of the ac side of VSC1 is modelled in the rotating d-q reference frame as shown in (1), whereas the model of the dc-link capacitor is shown in (2) .
As shown in Figure 2a , the VSRs are equipped with an outer dc power sharing controller, an intermediate proportional-and-integral (PI) voltage controller (G v1 (s)) and an inner PI current control loop (G i1 (s)) [18] . The outer static droop loop processes the measured dc power (P dc1 = V dc1 I dc1 ) via a low-pass filter (LPF) and through the static droop coefficient (K s1 ). In Equations (1) and (2) and Figure 2a , the subscript "1" is replaced by "2" to represent the power circuit model and control loops of VSC2. The converter with the higher droop coefficient injects a less amount of dc power according to the equality K s1 P dc1 = K s2 P dc2 [18] .
Inversion Stations 3-4
The power circuit model of the inversion station is modeled in Equations (3) and (4) .
The control structure of the inversion stations is shown in Figure 2b . PI inner current controllers (G i3 (s)) are implemented in the rotating d-q reference frame. The reference value of the q-component of the controlled ac current is set to zero whereas the d-component is defined by I * d3 = P * 3 /1.5V
• d3 , assuming stiff ac grid conditions. In Equations (3) and (4) and Figure 2b , the subscript "3" is replaced by "4" to represent the power circuit model and control loops of VSC4.
DC/DC Conversion Stations 5-6
The power circuit model of the buck converter 5 is modeled in Equations (5) and (6) .
Referring to Figure 2c , the control structure of the dc/dc conversion stations is similar to the rectification units; i.e. an outer power sharing loop, an intermediate PI dc voltage controller (G v5 (s)), and an inner PI dc current controller (G i5 (s)) [18] . In Equations (5)- (7) and Figure 2c , the subscript "5" is replaced by "6" to represent the power circuit model and control loops of the buck converter 6.
MTDC Network
As shown in Figure 1 , the infrastructure of the dc pool is represented by dc cables and is modeled in (8) . Referring to Figure 2c , the control structure of the dc/dc conversion stations is similar to the rectification units; i.e. an outer power sharing loop, an intermediate PI dc voltage controller ( ( )), and an inner PI dc current controller ( ( )) [18] . In Equations (5)- (7) and Figure 2c , the subscript "5" is replaced by "6" to represent the power circuit model and control loops of the buck converter 6.
As shown in Figure 1 , the infrastructure of the dc pool is represented by dc cables and is modeled in (8) . 
The Proposed Supplementary Dynamic Droop Loop
The proposed supplementary dynamic droop loop is shown in Figure 2a . The dc-link voltage ( ) is applied to a gain ( ) and a high-pass filter (HPF) with a cut-off frequency of to generate a compensation signal. It is shown in the following sections that the proposed supplementary droop loop contributes to the stabilization of the MTDC network. Note that the output compensation signal of the proposed loop is zero in the steady-state conditions and so no influence on the steady-state operation is yielded. In other words, the steady-state operation is solely dictated by the static droop gain ( ) whereas the dynamic performance is independently enhanced 
The proposed supplementary dynamic droop loop is shown in Figure 2a . The dc-link voltage (V dc1 ) is applied to a gain (K d1 ) and a high-pass filter (HPF) with a cut-off frequency of ω d1 to generate a compensation signal. It is shown in the following sections that the proposed supplementary droop loop contributes to the stabilization of the MTDC network. Note that the output compensation signal of the proposed loop is zero in the steady-state conditions and so no influence on the steady-state operation is yielded. In other words, the steady-state operation is solely dictated by the static droop gain (K s1 ) whereas the dynamic performance is independently enhanced by the supplementary dynamic droop loop. The proposed dynamic droop loops are implemented in VSC1 and VSC2.
Small-Signal Modeling and Stability Analysis of the MTDC System
In order to address the interaction dynamics issues among the MTDC entities and investigate the overall system stability, a linearized state-space model of the entire MTDC system is developed. The modeling procedures are detailed in Appendix A.
Throughout this paper, a non-linear time-domain simulation model for the entire MTDC system in Figure 1 is built under the Matlab/Simulink ® environment (MathWorks, Natick, MA, USA) to verify the results. The power electronic converters are considered in the simulation model with the circuit structure and the control topology as shown in Figure 2 . The complete model entities are built using SimPowerSystem ® toolbox (MathWorks, Natick, MA, USA). The VSCs are simulated using average-model whereas the dc/dc converters are simulated using the switching-model. The simulation type is discrete with a sample time of 20 µs. The control and physical parameters of the MTDC system are given in Appendix B.
As a base case scenario, the two dc/dc converters supply a 0.3 p.u. dc resistive load whereas the power commands for both VSC3 and VSC4 is 1.4 and 0.5 p.u., respectively. The total supplied power from VSC1 and VSC2 is 0.8 and 1.4 p.u., respectively. The complete eigenvalues are shown in Table 1 . The system is stable with left-hand sided eigenvalues on the s-plane. It is shown from Table 1 , and based on the participation factor analysis, that the states of the ac-dc filters (i.e. inductors or capacitors) in the VSCs and the dc/dc converters are associated with the highest damped modes. The current controllers of all converters reflect relatively high damped modes (λ 32 -λ 34 , λ 40 -λ 44 ). Therefore, these modes are not detrimental to the system stability.
The most critical modes, i.e., λ 20 -λ 21 , are influenced by the dc voltage control loop of the VSRs. The power sharing controllers of the VSRs and dc/dc converters influence the relatively medium damped modes, i.e., λ 22 , λ 23 , and λ 27 . Moreover, the MTDC cable parameters are correlated to the relatively high damped modes (λ 2 -λ 11 , and λ 19 ). The following subsections emphasize on the influence of these parameters on the system dynamics. Table 2 shows the influence of reduced cables resistance (Ω/km) under a fixed inductance and a fixed cable length. It is clear that the reduced resistive negatively affects the system damping. The analytical results in Table 2 are verified using the time-domain simulations. As shown in Figure 3 , the resistive component of the MTDC cables is reduced from 0.04 to 0.005Ω/km at t = 8 s. The response has two oscillatory components: A fast response (magnified) corresponding to the modes associated with the MTDC cable and a much slower response associated with the static droop loop as will be shown hereunder. The magnified response in Figure 3 shows that a 0.08 s is needed to complete 8 cycles, and hence the frequency of oscillation is 100 Hz. Further, the envelope of the time-domain oscillating signal should decay to 0.37 p.u. of the initial amplitude in 0.06 s, whereas the damping ratio is 0.04. At the bottom of Table 2 , the corresponding analytical results are 100 Hz, 0.06 s, and a damping ratio of 0.03. The analytical and time-domain results show a reasonable agreement, which validates the developed small-signal model of the MTDC system.
Influence of the MTDC Cables
The influence of the increased inductive components of the MTDC cables is investigated in Table 3 , which has a negative effect on the system damping. The analytical results in Table 3 are verified in the Simulink model by doubling the cable inductance at t = 8 s as shown in Figure 4 . 
Influence of the Outer Power Sharing Loop and DC Voltage Controller of the VSRs
As shown in Table 1 , the pairs (λ 20 , λ 21 ) are the lowest damped modes with a frequency of oscillations of 7.5 Hz, a slow damping time of 0.59 s, and a damping ratio of 0.04. This pair is associated with the dc voltage control loop of both rectification stations. Referring to Figure 2a , the dc voltage controller of the VSRs processes the error signal V re f dc1 -V dc , which is inherently in terms of K s1 and ω f 1 . Therefore, the dc voltage controller parameters and the static droop loop are responsible for defining the slowest dynamics of the MTDC system.
The influence of the dc-voltage controller of the VSRs is shown in Table 4 . As shown, the increased proportional or integral gains positively affect the system stability. The damping ratio increases to 0.173 and 0.05 with 10 p.u. proportional and 4 p.u. integral gains, respectively. To verify these analytical results, the Simulink model is run under 10 p.u. proportional and 4 p.u. integral gains, and a step increase is applied in V * dc1 and V * dc2 from 1 to 1.05 p.u. at t = 4s. The system response is shown in Figure 5 and the comparison between the time-domain simulations and the analytical results are depicted at the bottom of Table 4 . The increased gains of the dc voltage controllers enhance the system damping, but with limited capabilities ( Figure 5) . Moreover, the controller gains might not be flexible enough to achieve the desired damping as they are designed according to the size of the dc-link capacitance. The controller design is also restricted to the bandwidth requirements to achieve a sufficient time-scale separation with respect to the outer power sharing and the inner current controllers. results are depicted at the bottom of Table 4 . 
Modal Analysis
Time Domain Simulations 1 p.u. Table 5 details the positive effect of the increase of the static droop gains of both rectifiers on the most critical modes. The time-domain simulation results are shown in Figure 6 to validate the analytical results, where a step change in both the static droop coefficients of VSRs is applied from 1 to 5 p.u. at t = 6 s and from 5 to 1 p.u. at t = 8 s. At the bottom of Table 5 , the analytical and modal analysis results reflect similar dynamics which confirms the accuracy of the developed models. Figure 6 shows that the more damped performance due to the higher droop gain is associated with a less regulated dc-link voltage, i.e., the value of the steady-state dc-link voltage decreases. Table 5 details the positive effect of the increase of the static droop gains of both rectifiers on the most critical modes. The time-domain simulation results are shown in Figure 6 to validate the analytical results, where a step change in both the static droop coefficients of VSRs is applied from 1 to 5 p.u. at = 6 s and from 5 to 1 p.u. at = 8 s. At the bottom of Table 5 , the analytical and modal analysis results reflect similar dynamics which confirms the accuracy of the developed models. Figure 6 shows that the more damped performance due to the higher droop gain is associated with a less regulated dc-link voltage, i.e., the value of the steady-state dc-link voltage decreases. 
Influence of the Proposed Dynamic Droop Control Loop on the MTDC Stability
As the critical modes (λ 20 , λ 21 ) are associated with the static droop gains of the power sharing loop of both rectifiers, the compensation signal is fed into this loop in order to dynamically enhance the stability margin.
The small-signal state-space model is modified to include the dynamics of the proposed supplementary dynamic droop loop. The influence of the proposed supplementary loop is shown in Figure 7 . The supplementary droop gains for both VSRs (K d1 and K d2 ) are activated and increases from 0 to 10 with a cut-off frequency of the HPF of 300 rad/s. As shown in Figure 7a , the most critical modes (λ 20 , λ 21 ) are relocated to more damped positions on the s-plane. The damping ratio for these critical modes increases from 0.036 to 0.89 which implies the significant damping capabilities. Figure 7b shows the influence of the cut-off frequency of the HPF on the system damping. The operating frequency between 150 and 225 rad/s yields a better damping.
VSC2; (c) DC-link voltages at VSCs 1 and 2.
As the critical modes ( , ) are associated with the static droop gains of the power sharing loop of both rectifiers, the compensation signal is fed into this loop in order to dynamically enhance the stability margin.
The small-signal state-space model is modified to include the dynamics of the proposed supplementary dynamic droop loop. The influence of the proposed supplementary loop is shown in Figure 7 . The supplementary droop gains for both VSRs ( and ) are activated and increases from 0 to 10 with a cut-off frequency of the HPF of 300 rad/s. As shown in Figure 7a , the most critical modes ( , ) are relocated to more damped positions on the -plane. The damping ratio for these critical modes increases from 0.036 to 0.89 which implies the significant damping capabilities. Figure 7b shows the influence of the cut-off frequency of the HPF on the system damping. The operating frequency between 150 and 225 rad/s yields a better damping. 
Evaluation Results
A non-linear time-domain simulation model for the entire MTDC system in Figure 1 is built under the Matlab/Simulink® environment. The complete model entities are built using SimPowerSystem® toolbox. The VSCs are simulated using average-model whereas the dc/dc converters are simulated using the switching-model. The simulation type is discrete with a sample time of 20µs. The control and physical parameters of the MTDC system are given in Appendix B. Table 6 depicts the loading sequence applied in the Simulink model to verify the effectiveness of the proposed supplementary droop compensator. Figure 8 shows the uncompensated system response at the terminals of VSCs 2,3 and dc/dc converter 5. The uncompensated system response suffers considerable oscillations associated with the lightly-damped modes of the static droop loop ( , ). The enhanced droop loop is activated and the system response is shown in Figure 9 . It is noted that the steady-state values of the injected powers and dc-link voltages are not changed. The proposed compensator decouples the predefined steady-state performance of MTDC entities and the damping of the system oscillations. It is also clear that the compensated system can operate under small static droop gains in order to maintain the highly regulated dc-link voltages throughout the dc pool and keeping the highly damped performance in the meanwhile. 
A non-linear time-domain simulation model for the entire MTDC system in Figure 1 is built under the Matlab/Simulink ® environment. The complete model entities are built using SimPowerSystem ® toolbox. The VSCs are simulated using average-model whereas the dc/dc converters are simulated using the switching-model. The simulation type is discrete with a sample time of 20µs. The control and physical parameters of the MTDC system are given in Appendix B. Table 6 depicts the loading sequence applied in the Simulink model to verify the effectiveness of the proposed supplementary droop compensator. Figure 8 shows the uncompensated system response at the terminals of VSCs 2,3 and dc/dc converter 5. The uncompensated system response suffers considerable oscillations associated with the lightly-damped modes of the static droop loop (λ 20 , λ 21 ). The enhanced droop loop is activated and the system response is shown in Figure 9 . It is noted that the steady-state values of the injected powers and dc-link voltages are not changed. The proposed compensator decouples the predefined steady-state performance of MTDC entities and the damping of the system oscillations. It is also clear that the compensated system can operate under small static droop gains in order to maintain the highly regulated dc-link voltages throughout the dc pool and keeping the highly damped performance in the meanwhile. Time For further investigation, a five-cycle three-phase fault is applied at the ac-side of both VSC 1 and 3 at = 4 and 6 s, respectively. Figure 10a shows the dc power and terminal dc voltage of the VSC 1. The uncompensated response is still dominated by the slow-lightly-damped dynamics associated with the static droop loop. On the same figure, the actively compensated system shows a well-damped response. Figure 10b shows a similar response for VSC3. It is shown in Figure 10c that the healthy MTDC entities are affected by the faulty conditions. However, the proposed dynamic For further investigation, a five-cycle three-phase fault is applied at the ac-side of both VSC 1 and 3 at t = 4 and 6 s, respectively. Figure 10a shows the dc power and terminal dc voltage of the VSC 1. The uncompensated response is still dominated by the slow-lightly-damped dynamics associated with the static droop loop. On the same figure, the actively compensated system shows a well-damped response. Figure 10b shows a similar response for VSC3. It is shown in Figure 10c that the healthy MTDC entities are affected by the faulty conditions. However, the proposed dynamic droop loop conveys the highly damped response throughout the dc pool.
For further investigations, the average-based models of the VSCs in the preceding Matlab/Simulink time-domain simulations have been replaced by the switching-based Insulated-GateBipolar-Junction-Transistor (IGBT) bridge and the 2-level PWM generator. The switching frequency is 1620 Hz. The compensated response in Figure 10a is reproduced under the switching-based VSCs, and the corresponding results are shown in Figure 11 . Clearly, the results are very close which implies that the average-based time-domain simulation model is accurate. 
Conclusions
This paper has presented the small-signal modeling and analysis of a six-terminal dc grid. The modeling approach depends on the development of the small-signal state-space sub-models of each 
This paper has presented the small-signal modeling and analysis of a six-terminal dc grid. The modeling approach depends on the development of the small-signal state-space sub-models of each entity in the MTDC network. A modal analysis is conducted to investigate the system stability under different operating conditions. It is found that the most critical eigenvalues are highly influenced by 
This paper has presented the small-signal modeling and analysis of a six-terminal dc grid. The modeling approach depends on the development of the small-signal state-space sub-models of each entity in the MTDC network. A modal analysis is conducted to investigate the system stability under different operating conditions. It is found that the most critical eigenvalues are highly influenced by the static droop loop of both rectification stations. The damping of these modes can be improved by increasing the static droop gains. However, the variation of static droop gains should be subjected to the steady-state operational performance. Therefore, a second degree-of-freedom is added to the control structure of both VSRs by proposing a supplementary droop loop in order to enhance the system dynamics while preserving the steady-state performance (decoupling). The modal analysis shows the effectiveness of the proposed supplementary loop on the system damping. Throughout the analytical study, time domain simulation results are presented and compared to the modal analysis results: Both results show a close agreement which implies an accurate small-signal modeling. The proposed compensator is simple, designed using linear analysis tools and can be easily implemented on practical systems.
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Nomenclature
Superscript "*"
The reference value of the variable. Superscript "o"
The steady-state operating point of the variable. ∆
The small-signal perturbed value of the variable s
The differential operator. j
The imaginary number.
The resistance and inductance of the MTDC dc cables.
The resistance, inductance and capacitance of the power converters filters.
The resistance and inductance of the dc cables at the load side of dc/dc converters.
The dc-link capacitor and dc voltage.
The dc current flowing in the MTDC dc network. P dc(1−6) , I dc(1−6)
The dc power and current at each conversion station.
The terminal, input ac voltages, and ac current of the VSC.
The terminal and output voltage of the dc/dc converters.
The filter and output current of the dc/dc converters.
V load
The common dc voltage at the load-side of the dc/dc converter.
The proportional and integral gains of the proportional and integral (PI) current controller G i(1−6) (s).
The proportional and integral gains of the PI dc voltage controller
The static and proposed supplementary droop coefficients of the VSCs.
The conventional droop gain of the dc/dc converters.
The angular frequency of the ac side of the VSC.
The operating frequency of the controller filters.
The direct-(d-) and quadrature (q-) components of the ac quantity x (1−4) .
The duty ratio of the VSCs and dc/dc converters.
Appendix A-Development of the State-Space Model of the MTDC Network
State-Space Model of the VSR
where
such that the matrices with subscript "out", "in", and "p" model the power-sharing and the dc voltage control loop, the current control loop, and the power circuit, respectively, and are given as following.
State-Space Model of the VSI
in2 5×2
.
such that the matrices with subscript "in" and "p" model the current control loop and the power circuit, respectively, and are given as following.
State-Space Model of the Buck DC/DC Converter
such that the matrices with subscript "out", "in", and "p" model the dc voltage control loop, the current control loop, and the power circuit, respectively, and are given as following. 
State-Space Model of DC/DC Converter Loads
The common resistive load of the dc/dc converters is interconnected through the load-side dc network. The state-space model of the load-side dc network is as follows 
Entire State-Space Model of the MTDC System
The final state-space model of the MTDC system is as following.
1 .C 
where M (p,q) , M (p,:) , M (:,q) represents the element in the row "p" and column "q", the row "p", the column "q" of a matrix M and 0 x×y is a zero matrix with x rows and y columns. 
